Process modeling in pharma is gradually gaining momentum in process development but budget restrictions are growing. We first examine whether and how current practices rationalize within a decision process framework with a fictitious investor facing a decision problem subject to incomplete information. We then develop an algorithmic procedure for investment evaluation on both monetary and diffusion-of-innovation fronts. Our methodology builds upon discounted cash flow analysis and Bayesian inference and utilizes the Rogers diffusion of innovation paradigm for computing lower expected returns. We also introduce a set of intangible metrics for quantifying the level of diffusion of process modeling within an organization.
Introduction
Modeling and simulation (M&S) refers to the R&D (Research & Development) methodology where mathematical equations (models) are solved numerically or analytically (via simulation) for the description of physical systems. Such a generic definition captures all different types of representations of physical systems: Mechanistic, empirical and hybrid. However, in this paper we only focus on mechanistic and/or hybrid models. Modeling and simulation (M&S) has been gradually adopted by different industries for the understanding, investigation, optimization and diagnostics of existing and future processing technologies since the 1960s giving rise to what is commonly referred to as process modeling.
The pharmaceutical industry constitutes an interesting case. On the one hand, computational chemistry has long been an indispensable tool in drug discovery and, nowadays, in silico drug discovery, it is spearheading future developments. On the other hand, the pharmaceutical industry is among the last ones to join the party since process modeling has only been sporadically utilized despite advocates preaching for the contrary [1, 2] . This thought-provoking conundrum has not gone-by unnoticed and there is a wealth of efforts devoted to its study [3] [4] [5] [6] . A synthesis of the results has revealed several factors with the most recurring ones being:
(i) Keeping science out of processing. This manifests itself through the continuous and oftentimes erroneous belief that (a) the complexity of the processes is too high and (b) the maturity of M&S is too low for the production of fruitful results. This line of thought has been perpetuating though some recent efforts that hint that blending science-based solutions with engineering approaches is growing momentum [7] . Moreover, and perhaps more importantly, there is a growing volume of research efforts (i) corroborating both the pertinence and the efficacy of M&S on both upstream and downstream [8] [9] [10] , (ii) offering holistic and industrial-friendly frameworks [11] and (iii) focusing on even the most novel processing techniques [12] . (ii) Lack of regulatory frameworks. M&S has been notably absent from regulatory frameworks.
However, recent publications [13] , betoken that such ideas are cultivating.
(iii) Domination of empirical/statistical modeling. Processing in pharma has partnered very well with statistics. Progressively, statistical modeling has been integrated in the core of R&D methodologies. Proposing alternative methodologies will undoubtedly be subject to "appeal-to-tradition" reactions. (iv) Emphasis on drug discovery: From an investment-risk portfolio management point of view, investments in drug/vaccine discovery are more promising than those in process development/understanding. Consequently, only the bare minimum has been done to get the processes economically viable. Even so, investment-related decision making has been relevant; rationally choosing, for example, between batch and continuous processing has attracted considerable attention [14] . (v) Shortage of in-house M&S expertise. Accommodation of M&S components that are relatively new and evolving requires dedicated FTEs (Full Time Equivalent) and building up competencies.
In the absence of an interest towards M&S, such internal expertise is cumbersome to be built and updated. Consequently, new concepts or breakthroughs, are difficult to detect, digest and eventually implement.
Nonetheless, process development has started to utilize elements of M&S oftentimes in a systematic fashion as part of an organizations vision for digitization [15, 16] and the accommodation of the quality by design paradigm [13] . Moreover, given the persistently disappointing figures on return on investment in pharma and the gloomier predictions [17] , and the ever-growing development cost and risk [18, 19] , acceleration of development has become a key management target [20] , and here M&S is expected to yield significant results. However, in such an environment which requires a stricter scrutiny of investments, M&S teams should be prepared to address questions on the business engineering front. Put simply, the diplomatic immunity granted to M&S has been relinquished.
Designing a business case for M&S is an arduous task because, although M&S costs are straightforward to compute, outcomes of M&S exercises are laborious to quantify. What complicates matters more, is the qualitative nature of such outcomes that render relevant efforts even more challenging. Importantly, the described challenges are not confined within pharma but invariably extend to other industries which explains the dearth of relevant studies in the literature.
To the best of our knowledge, the first organization that systematically investigated the business case of M&S and openly archived it is the U.S. Department of Defense. In a series of landmark publications [21] [22] [23] [24] [25] , the authors have investigated the evaluation of M&S returns and presented real case studies. A handful of subsequent studies have adjusted these findings though predominately in a qualitative direction. With respect to pharma, in particular, we are only acquainted with the study of [26] where the authors examine the effects of M&S in drug development and time to market and find a positive correlation in turn backed by the presentation of NPV (Net Present Value) values.
The objective of this paper is to examine process modeling in pharma from an investor's point of view and bring forward an algorithmic methodology that allows for the development of detailed business studies. Our methodology is endowed with both tangible and intangible metrics to provide for a holistic approach to the problem in hand. On the tangible front, we examine M&S under the prism of discounted cash flow analysis. As in regard to intangible metrics, our analysis draws from and builds upon the earlier studies of [21] [22] [23] [24] [25] but incorporates them into a diffusion-of-innovation paradigm based on the Rogers innovation curve [27] .
State of the Art in Decision Making
Pharmaceutical corporations have already invested non-negligible amounts of capital for building up M&S competency and internal capabilities. We model the current situation and use this framework as a vehicle to optimize current practices. Let Mr. X be the budget owner of the R&D organization within a pharmaceutical corporation. Mr. X is endowed with an annual budget of M$ (dollars) that covers for both recurring (e.g., salary) and one-time costs.
At some point, Mr. X is visited by a group of managers and/or scientists, henceforth referred to as "the Group", who propose to form a M&S team focusing on processing. They require an upfront investment of M 1 < M dollars per year plus M 2 < M dollars for one-time costs. In support of their request, the Group typically offers four anecdotal or poorly tractable quantitative arguments: (a) Reduction of design/investigation time, (b) enhancement or replacement of real-life tests, (c) circumvention of limitations of funding, (d) insight into issues unapproachable by alternatives. Intuitively one expects that these four arguments are to a certain extent true. However, whether the aggregate effect remains positive or there is a fallacy of composition has yet to be robustly demonstrated. In layman terms, M&S can positively impact practices in processing but at what cost.
In cash-flow terms, our Group argues that the evolution of cash-flow will initially be negative, as expected, but it will gradually shift upwards and eventually become positive as pedantically shown in Figure 1a ; In the absence of relevant data, figures in the present conceptual paper are rather ad-hoc representing the accumulated empirical knowledge and industrial experience of the authors. Manifestly, they offer a high-order qualitative illustration of the underlying trends and they should be interpreted as such by the reader. Nonetheless, the same figure has superimposed an alternative scenario where the cash-flow remains negative for a prolonged period. Given that penetration of a new technology/method typically follows a Rogers S-shape curve [27] depicted in Figure 1b , the plausibility of this scenario should not be ignored. How should our investor react? Mr. X faces an interesting decision problem. Under the assumption that Mr. X is a rational agent, the whole decision process can be modeled quite nicely, though a detailed modeling framework of this problem is quite subtle. For the sake of simplicity, herein, we sketch the basic ideas. In this respect, Mr. X is conditioning decisions on the outcomes of the following profit maximization problem:
where π, q, w, L stand for profit, production units in dollars, production units here is more broadly interpreted, cost per employee, and number of employees. We can generalize this to include physical capital and/or time but doing so increases complexity without further clarifying the picture. Mr. X considers that a simplified Cobb-Douglas production function adequately describes the relation between production units, physical capital and labor so that;
with A, a constants determining productivity. Note that, typically, the Cobb-Douglas functions has a component related to cost of capital but we have neglected this here. The above is a classical paradigm that can be solved by Mr. X analytically. Now, the Group claims that the π that Mr. X has computed is not optimal. They point towards the existence of another group of employees (M&S experts) who can drive profits upwards. When Mr. X asks the Group to quantify their argument they posit that M&S experts follow a different Cobb-Douglas production function:
where b 1 and b 2 are random variables which reflects the uncertainty that even the Group has with respect to the quantification of benefits. With this information at hand, Mr. X can actually advance and solve the corresponding model. However, the accuracy of the predictions depends on the properties of b 1 , b 2 and, more importantly, on whether these properties are known. Provocatively, a risk averse or even risk neutral inventive should reject this proposal as non-tractable! Nevertheless, we have multiple examples where our investor Mr. X succumbs to the demand of the Group and grants the investment. A possible escape route may be found if we postulate that Mr. X is not only rational but also informed in the following sense. In the absence of M&S, employees can use a set of skills/prior knowledge S for the execution of their tasks. Furthermore, the net revenue per employee in the organization R is p $/employee. Our investor has performed a comparative analysis with competitors and concludes that p does not reflect the true potential of the organization and that there is room for improvement. Mr. X goes a step further and theorizes that R = R(S) with R(S) ≥ 0 and R(S) ≤ 0. Then, being acquainted with the state of the art in M&S, X makes the informed decision that augmenting S with the competencies provided by M&S will result in an increase of R(S) though it is not possible to predict the precise payoffs.
We now focus on the development and understanding of best practices. Strictly speaking, M&S (as well as experiments and statistical models) acts as an evaluation mechanism. For instance, an M&S exercise provides an insight to a phenomenon and as such empowers stakeholders to make informed decisions. If economics is also put into the equation then, M&S, as an evaluation mechanism, can be utilized for economically rational decisions. With the above in mind, we may, therefore, ask ourselves: "To what extent must we model in order to make our next decision?" and provide the following answer: "To the extent that the corresponding payoff is sufficiently positive" with sufficiently ideally being an exogenous parameter.
Tradeoffs
When calculating payoff of M&S, a clear view of the tradeoffs is required to set expectations at reasonable levels, conditioned on the risk behavior of choice: aversion/neutrality/love. Two important tradeoffs are fidelity vs. cost and fidelity vs. complexity. Herein, fidelity refers to the quality of the model in terms of describing the observations and predicting the general behavior of the system for process design and operation relevant scenarios. A typical situation is plotted in Figure 2a ,b. Figure 2a provides a visualization of fidelity vs. cost in the plane where a typical progress trajectory is plotted from conception to optimization vs the minimum level of fidelity required for practical applications. We observe that early efforts in a terra incognita result in high cost and low fidelity. Progressively, one reaches the minimum level of fidelity (though with high cost) but further increases in fidelity eventually lead to cost decline and positive cost-effectiveness balance. Consequently, knowledge of where M&S stands with respect to Figure 2a is imperative for accurate calculations of payoffs. Figure 2b depicts fidelity vs complexity lines; the lines should be perceived as a first-order approximation of the true relation-in reality, complexity vs. fidelity curves have much more complicated structure. The three lines correspond to early, moderate, and mature M&S in a counter-clockwise fashion. The change in slopes denotes how the accumulation of expertise and know-how leads to leaner approaches; for example, via systematic reductions, symmetry considerations, dimensional arguments, clever discretization techniques etc. Similarly to the fidelity vs cost case, the status quo of fidelity vs complexity should be adequately known. 
Decision Flow-Chart
Calculation of payoffs requires an assessment plan of the outcomes of M&S conditioned on the inputs. The flow chart of this process is plotted in Figure 3 . We observe that input parameters are cost, time and risk. The output is the results that an M&S exercise yields. It is the assessment of results versus the aggregate effect of cost, time and risk that should drive a go or no go decision for further investment. For the determination of cost of M&S, we dichotomize models into descriptive and prescriptive ones. Henceforth, A model here is understood as a triplet (governing equations, numerical algorithm/method, software) required for simulation. In other words, it is not only a series of mathematical equations. Descriptive models describe the behavior of existing systems whereas prescriptive models envision to describe the expected behavior of a hypothetical system. For example, a descriptive model would be used to model an existing fermentation vessel. A prescriptive model would be used to design and model a novel fermentation vessel without specific requirements. Descriptive and prescriptive models share similarities with respect to cost, nevertheless, important differences may also be identified. In Table 1 , we have tabulated the costs associated with each type of models, further partitioned into upfront (one-time) and recurring costs. One observes the absence of accreditation from prescriptive models; this is to be expected since such models are spearheading R&D and are neither standardized nor subject to systematic upgrades, at least at their early phases of existence. An interesting disparity is the presence of "temptation" in recurring costs. This explains the danger of getting lost in endless exploratory studies, where one goes deeper and deeper whilst there is no clear vision or direction ahead. Cost of temptation may be easy to tame upfront but the lack of a valorization strategy can allow it to skyrocket and undermine budget considerations. Based on Table 1 , we can compute the total cost of M&S at year N:
Here, Cost so f t and Cost hard designated costs related to procurement of software and hardware whereas Costs upgrade stands for maintenance costs and upgrades. Cost FTE is, as usual, the annual cost of a full-time equivalent while Cost train is the cost of related trainings. The concepts of design, implementation, verification, validation, accreditation, and employment are embodied within Cost FTE . For the sake of simplicity, we have assumed that FTEs in M&S have the same cost. It is also interesting to visually look at the evolution of cost in time. A linearized picture for both prescriptive and descriptive models is shown in Figure 4 Risk associated with M&S has been well documented. In general, M&S risk comprises (i) accuracy, (ii) descriptive realism, (iii) uncertainty and (iv) applicability; each of these components is defined below:
1.
Accuracy is defined as the degree to which the predictions are correct (formally, accuracy is defined with respect to a particular norm.).
2.
Descriptive realism refers to the degree that a model predicates upon "true" principles [28] .
3.
Uncertainty refers to the confidence on outputs, given that some aspects are unknown.
4.
Applicability accounting for the potential that the exploitation of the model for the envisioned purpose falls short, because the investigated/modeled phenomena do not govern the system in the a priori expected manner.
Each of these components may be viewed as a normalized function that takes values in the range [0, 1]. For accuracy and descriptive realism, zero and unity denote the minimum and maximum values, respectively and the converse is true for uncertainty. We can therefore define the novel aggregate measure of acceptability according to the following formula:
where L is labor (FTEs + training) and C is physical capital (hardware/software) and a, b are elasticities with a + b < 1. Acceptability takes values in the range [0, 1]; an idea M&S exercise would have 1 accuracy, 1 descriptive and 0 uncertainty thus giving acceptability its maximum value: Unity. (One can go a step further and consider a weighted sum of accuracy, descriptive realism and uncertainty. This preferential aggregate would then reflect a heterogeneous prioritization). For practical purposes, acceptability assumes values in the open range (0, 1). Indeed, even at the start of a modeling effort it is unlikely to expect zero acceptability and reaching unity is typically utopic. We take our analysis a step further and link acceptability to cost. To do so, we consider acceptability as an asset and thus the outcome of a production function. To fix ideas, we postulate that the production function follows a Cobb-Douglas form and thus acceptability obeys the following equation:
where L is labor (FTEs + training) and C is physical capital (hardware/software) and a, b are elasticities with a + b < 1. Proponents of M&S typically invoke time as a competitive advantage. However, the required time for M&S depends on the complexity of the problem in hand and the evolving technology and know-how. Figure 5 portrays the trends of time versus complexity for the past decades. As expected, evolution in hardware/software and physical modeling itself pushes the curve in a southeast direction. However, despite this rather robust shift, time remains an exponential function of complexity. Mathematically, progress increases the part of the curve that can be accurately linearized. This domain is labeled "on board the train" to emphasize that in this area one takes advantage of the accumulated advancements. It is in this zone where time and complexity correlate in a favorable manner. On the right of the "on board the train zone" is the "push the frontiers zone" where a linearized curve changes slope and no longer provides an accurate fit. Here is where innovation mostly occurs. Risk aversion dictates the avoidance of the purely exponential region and the focus on the "push the frontiers" one.
We can further quantify the time required for M&S. Our starting point is the observation that aggregate time required for a M&S exercise can be written as the following sum:
T total = T model + T digitization + T simulation + T interpretation (7) where T model , T digitization, T simulation , T interpretation designate the time needed for the development of a model, digitization of equipment, numerical simulation, post-processing and interpretation. An order-of-magnitude analysis can be used to provide some estimates which are reported in Table 2 . We remark that in the case of first time used or newly developed models, T model accommodates the validation phase as well. Experience has shown that, within pharma, this phase can be quite elongated, as it often involves a chain of actors from non-scientific departments. Thus, one should not underestimate such exogenous factors when drafting (or predicting) time schedules.
An Investor's Approach to M&S
With all the above in mind, we can again call upon our investor, budget owner Mr. X who, correctly or not, has already invested in a M&S team for some time now, being aware of the uncertainty that dominates this decision. Mr. X has now to harvest the results of the investment and needs to define a payoff measure. For a quantitative assessment, Mr. X has to attribute a set of relevant metrics to the corresponding outcomes. This set of metrics will be decomposed into monetary metrics and performance metrics. The need (or rationale) behind this decomposition is as follows. The overall investment has had but a short life and aims in implicitly increasing the net revenue per employee by enhancing the competences that employees have at their disposal. This is not an instantaneous process as Figure 1b asserts. In this respect, Mr. X should keep track not only of monetary payoffs but also of intangible metrics that evaluate the integration of M&S alongside existing R&D practices.
Monetary Metrics
The first bottleneck is the identification of gains or equivalent the payoff. Three monetary metrics appear as the most prominent candidates: Cost savings, cost avoidance and increased revenues. Formally, they are defined as follows:
1.
Cost savings = Cost with M&S-Cost without M&S 2.
Cost avoidance = Cost of unnecessary/harmful decision.
3.
Increased revenues = profit due to changes in margins or production capacity.
Each of the above monetary metrics can have a single or permanent impact on the sector. Cost savings has a single impact because it refers to gains that do not affect permanently the production capacity and/or revenue. For instance, they may refer to cost savings in a project that failed and never reached production. Cost avoidance has also single impact. It concerns multi-lemmas that once resolved it is for permanent; for example, consider the case where a company needs to decide in favor of one type of instrument vs another. Finally, increased revenues have permanent impact in the corporation. This is a result of M&S permanently affecting the profit margin. (Calculating the above metrics in practice is easier said than done and the typical example is that of knowledge-build projects).
Having collected the required data, Mr. X proceeds to compute a time-dependent return on investment as follows. Consider a time interval [t 0 , t n ] uniformly discretized into time instances t i such that t i − t i−1 = ∆t = constant. ∆t can assume any value, e.g., a month. For each t i calculate the M&S cashflow:
Cost savings(t i − t i−1 ) denotes the costs savings during the period t i − t i−1 and the same applies for the other components. Consider that C MS (t i ) have been measured from t 0 = 0 until present t present = K present ∆t. Then, let N proj ≥ 1 denote the number of projects that M&S personnel have been working on during this time. Each project has an anticipated duration of T j = K j ∆t, with j = 1, . . . , N proj and T j > t present ∀j and is expected to induce an internal rate of return (IRR) IRR j , which is a solution to the following;
and obeys the following inequality:
In the above relations, E C tot j (t i ) stands for the expectation of the total cash-flow of project j at time instance t i while RRR is the required rate of return which stands for the minimum accepted rate that renders the investment rationally possible. (This is a rather traditional approach. Alternative methodologies that use the real option value such as the Datar-Mathews method, and incorporate risk, may be also utilized) [29] .
Next, Mr. X applies a Bayesian inference of the time-series C MS (t i ), as duly demonstrated in Figure 6 , and calculates stochastic predictions for the evolution of cashflows from t = t present + ∆t until T max = max T j = K max ∆t. Thus, Mr. X obtains a spatio-temporal probability distribution that assigns to each possible C MS (t i ) a probability. Then, probabilistic estimates of the IRR MS of the M&S investment can be computed according to;
for all possible outcomes enveloped by the Bayesian inference and a graph, like the one reported in Figure 7 displaying predicted IRR MS against probabilities, can be constructed. Next, a lower limit of acceptance (LLA) for the investment is developed. Assume that IRR MS ∼ N µ, σ 2 . Ostensibly, one could equate LLA with the expected rate of returns RRR. However, we propose a modification so that the degree of diffusion of M&S within the organization is captured. The diffusion of a new technology can be satisfactorily described via a sigmoid function (t) = 1 1+e −δt . (The parameter δ determines the time needed for M&S to completely diffuse, i.e., at which point where the function equals unity. It can be estimated with the help of the intangible metrics of the next section. Other more elaborate and asymmetric functions may also be considered.). Then, a reasonable lower limit of acceptance at time t i is as follows:
LLA(t i ) = S(t i )RRR (12) We can reconcile the stochastic nature of IRR MS with the risk aversion of Mr. X and Equation (12) as follows. We assign to Mr. X a CARA (constant absolute risk aversion) utility function u(x) = 1 − e −Ax with A being the known risk aversion coefficient, that can be estimated via the methodology of [30] , and we recall the budget of M$. Consider the portfolio allocation problem with one risky asset (investment on M&S) with random return IRR MS and a riskless asset with fixed return LLA MS (T max ). Under rationality, we can explicitly solve this two-asset (one risky and one riskless) portfolio allocation problem, see for example [31] . This solution asserts that that recourses should be allocated if and only if;
µ > LLA MS (T max ) (13) and that the optimal degree of allocation obeys the following condition:
Equations (13) and (14) have practical implications. First, Mr. X determines whether (13) is satisfied. If yes, then given M 1 $ have already been invested in M&S, Mr. X can solve (14) in terms of the expected return µ , run a sensitivity analysis for σ 2 and end up with a range of values µ low , µ high . Then, Mr. X can compare how well the predictions compare to their realizations, or equivalently where µ lies in the range µ low , µ high . This is a decision tree with two negative outcomes. First, the realized expected return µ is lower than the lower acceptable limit, i.e., inequality (13) is violated. Thus, the overall investment rates are unfavorable. As the distribution of IRR MS is calculated based on Bayesian inference, it is updated as soon as new data enter the system. Therefore, one should re-evaluate the overall investment at time instances t i > t present and check if violation of inequality (13) is an artifact or not (the generation of monetary gains might come with a (random) time delay). The second negative outcome concerns Equation (14) and the range µ low , µ high . If µ < µ low then the investment in M&S is still worthwhile but the expected return is probably overestimated. By contrast, if µ > µ high then the investment outperforms expectations.
Diffusion-of-Innovation Metrics
Diffusion-of-innovation metrics help our investor, Mr. X, to make better informed decisions when making assessments. The authors of [32] proposed a notoriously high (over 200) number of metrics that constitute assessment criteria of how well modeling and simulation is deployed within the US Department of Defense. Therefore, to a first approximation, this pool of metrics can used for the selection of diffusion-of-innovation metrics that pertain to our case. Of course, it is not only the impractically large number that renders our task challenging but also the fact that several of these metrics are bespoke to the army needs. By merging and redefining available metrics, so as to fit the pharmaceutical world, we have arrived at the following seven (7) performance related metrics, delineated in Table 3 alongside their numerical value. As the numerical values increase and approach unity so does the integration of M&S in R&D. The numerical values of the metrics s i , i = 1, . . . , 7 are functions of time, i.e., s i = s i t j where the values t j conform to the previous section discussion. Next, consider the sigmoid function 1 1+e −δt which has the diffusion rate as a free parameter, δ. Also, consider the sum 1 7 K present j=0 s i t j . If the sum of the metrics provides a satisfactory description of the diffusion of M&S in R&D, then it is reasonable to consider the following approximation: 1 1 + e −δt ≈ 1 7 K present j=0 s i t j + u (15) where u = N 0, σ 2 u is a white noise term to reflect the fact that the diffusion process is associated with a certain degree of randomness and can be amenable to random shocks (depending on the strategy that leadership has developed, the diffusion metrics could be assigned a weight t j with w 1 t j + w 2 t j + . . . + w 6 t j = 1; note that the weights are also functions of time to reflect reprioritizations and changes in strategy). Then, the constant δ may be estimated via simple regression from the above equation and directly utilized in Equation (12) of the previous section.
Conclusions
Process modeling is gradually gaining momentum within the pharmaceutical industry. This inevitably attracts attention from higher management and onsets the discussion of cost-benefit analysis and investment decisions. This paper has examined process modeling from the investor's point of view.
We have commenced by examining whether current practices conform to a value-based decision process by using an informed investor as the decision maker. Further, topics like cost, risk and execution time for M&S exercises have also been thoroughly discussed and, wherever possible, mathematical expressions for their description have been introduced. We subsequently proceeded to the development of an easy-to-use methodology that can help an investor evaluate investment on M&S that encompasses both monetary and diffusion-of-innovation based aspects. The proposed methodology builds upon a classical discounted cash flow analysis, infused with elements of Bayesian inference, while accommodating a sigmoid-description of diffusion of innovation for the calculation of lower expected returns. Via the introduction of a set of seven intangible metrics we were also able to quantify the rate with which M&S diffuses within the organization thereby rendering the proposed methodology tractable.
In the present study, we have limited ourselves to the theoretical presentation of the mathematical model were emphasis has been placed on clarifying ideas and concepts. A natural next steps involves exercising the proposed model with either real or simulated data and ideally with both. This step that we intend to pursue as a follow up to this work will play a pivotal role in assessing the predictive capacity of our methodological framework and underlying possible weaknesses that need mitigation.
This concept paper comprises different components that can collectively assist with the difficult task of evaluating M&S. However, herein, we have restricted ourselves to the illustration of these ideas without emphasis on their connectedness. Consequently, a further direction of future research concerns the unification of all ideas presented herein in an umbrella framework.
